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I. GIOI THIEU

1) B&o c&o hoc thuat da gidi thiéu khai quéat cac khai niém co ban nhat ctia giai
tich phitc nhiéu bién va tu dang cau.
2) B&o cdo hoc thuat ciing da gidi thiéu dugc mot s6 két qua nghién ciru kinh

dién ciling nhu khoi nguodn cua cac két qua nghién ciru do.
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O KHAI NIEM CO BAN

QI DUNG BCHT
OT S

I
T

Pinh nghia 1.1 Ham f duoc goi 1a C-kha Vi tai diém 7, € 2 néu ton tai giéi han

i L (ot 1) = f(Z0)
im

h—0 h

Trong truwong hop nay, ta néi rang f co dao ham theo bién phirc tai diém 7, va Ky hiéu

la

f(zo +h) — f(2)
h

f'(20) = ;ﬁ;%
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O KHAI NIEM CO BAN
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. NOI DUNG BCHT
. MOT S

I
T

Dinh nghia 1.2

) Ham f dweoc goi 1a ham chinh hinh tai diém Z, néu no 1a C-khd Vi tai mét 1an cdn ndo
do ciia diém z,.

i) Ham f dwoc goi 1a chinh hinh trong mién Q2 néu n6 chinkh hinh tai moi diém cia
mién d’y.

iii) Tdp hop cac ham chinh hinh trong mién QKky hiéu 1a H(£).




II. NOI DUNG BCHT
1. MOT SO KHAI NIEM CO BAN

Dinh nghia 1.3

1) Ham f: ©, 5., duroc goi la ham song chinh hinh néu n6 1a mgt song anh chinh hinh
tir €2, Vao €2,

ii) Neu 2, = Q, = Q thi f dwoc goi | tw dang cau ciia Qva ky hiéu 1a Aut().
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Pinh nghia 1.4 Ham u: Q2-R (hodc C) dwoc goi 1A diéu hoa néu n6 1a C2 va

0°u 0%u d0%u

N

0.
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O KHAI NIEM CO BAN

QI DUNG BCHT
OT S
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Pinh nghia 1.5 Ham u: Q2—R (hodc C) dwoc goi 1a diéu hda dirdi néu n6 1a C2 va

0°u 0%u d0%u
>0

R R T
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DUNG BCHT 9
SO KHAI NIEM CO BAN

I1. NOI
1. MQT

Pinh nghia 1.6 Goi 2 1a mgt mién trong C". Trong mét 1an cdn du bé U cia diém

bién p € AR, ta c6 thé viét
QNU ={z € U.p(2)<0},
trong do p la ham théa man Vp =0 trén 202 » U. Khi do:
1) Ham o dwoc goi la ham xac dinh bién cua mién 2trong lan cdn cua p.

ii) Ta n6i rang mién 2 cé bién tron 16p CK (1 <k <o) tai p néu ham xdc dinh bién p

tron I6p CX tai p.

iii) Bién &R dwoc goi la tron 16p CK néu né tron 16p CK tai moi diém.
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O KHAI NIEM CO BAN

QI DUNG BCHT
OT S
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Pinh nghia 1.7 Tdp S < RN dwoc goi 1 16i néu véi moi P, Q e Sva 0 <A <1 thi (1 -
AD)P +1Q €8S.
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II. NO
1. MOT SO KHAI NIEM CO BAN

. NOI DUNG BCHT
. MOT S

Dinh nghia 1.8 Cho 22 =R" ¢6 bién trén lép C* va p la ham xdc dinh lép C*. Cho p
e A0, 06 N so thut W= (Wy,....., wn) diroC Qoi la véc to phdp tuyen cia bién AQtgi

D Néu

Khi d6 ta vietw e To(30).
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Pinh nghia 1.9 Mién G — C" vdi bién trén Iép C2 duwoc goi |a gid 16i tai p € G néu
t6n tai ham xac dinh bién o, tiec la 2 "U = {p <0} voi U la mot 1an can cua p sao

cho

- 9% (p)
. >
o wiw; = 0

L,(p)(w) =

ij=1

Vol moi W € C" thoa man

n
zﬁp(p) B
W] =0
4 aZ]

7 —1
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QI DUNG BCHT
OT S

I
T SO KHAI NIEM CO BAN
Pinh nghia 1.10 Mién G < C" véi bién trén Iép C? dwoc goi |4 gid 16i chdt tai p € &G néu ton tai ham

Xac dinh bién p, tirc la 2 U = {p < 0} vdi U la mot 1an cdn cua p sao cho

Lo w) =y TP

ij=1

Wiwi >0
Voi moi w € C"\{0} thoa man

n

Z op(p)
W] =0
4 aZ]
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O KHAI NIEM CO BAN
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OT S
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Pinh nghia 1.11 Mot diém P € A2 duoc goi la diém tu quy dao néu ton tai day {fj} -
Aut(£2) va ton tqi ¢ € £2sao cho f(q) — p khi j — .
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I.NO
OT SO KHAI NIEM CO BAN

II. NOI DUNG BCHT
1. MOT S

Pinh nghia 1.12 Cho 2 < C" |& mdt mién tron C* va diem p € AQ. Khi dé, kiéu
D’Angelo oA, p) cua A2 tai p dwoc dinh nghia nhu sau

v(poy)
v(y)

& d6 p 1a mét ham dwoc xac dinh cho Qtrong mét 1an cdn cia p, supremum duwoc lay

T(0Q, p) = sup,

trén tdt ca cac dwong cong chinh hinh khac hang 7. (C, 0) — (C", p).

Ta n6i rang p 1a diém hitu han néu 1(AQ, p) < oo va |a diém VO han néu nguoc lai.
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DPinh nghia 1.13 Cho 2 D la cac da tap phuc.

1) Day cac anh xa chinh hinh {f .}, < Hol (€2, D) gol la phan ky compact néu vdi moi
tdp con compact K < £ va mai tdp con compact L D, ton tai jo sao cho fi(K) N L
= ¢ Vol mol | >jo.

i) Mét ho F 1a khdng phan ky compact néu F khdng chiza day con phan ky compact.
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Binh nghia 1.14 Mién D dirgt goi 12 mien taut neu véi moi day {f.}, < Hol(Q, D)

chiza mat day con hol tw hogc chira mot day con phan ky compact.
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I.NO
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II. NOI DUNG BCHT
1. MOT S

Pinh nghia 1.15 Mét ham ¢ dwoc goi la ham peak da diéu hoa dudi dia phuwong tai
mét diém p thugc AR néu ton tai mét 1an can U cua p trong C" sao cho ¢ la da diéu

hoa dudi trén U » 0, lién tuc trén U nQ va théa man

{w( p) =0,

<0 véi moi z e (UnQ)\{p} .
¢
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II. NOI DUNG BCHT 9
1. MOT SO KHAI NIEM CO BAN

Pinh nghia 1.16 (Hgi tu Caratheodory) Gia s {£2} 1a mét ddy cac mién trong da

tap phic sao chope()Q,. Néu p la mgt diem trong cua ()€, thi hgt nhan
=1 =1

Caratheodory Q tai p cua day {<2} l1a mién Ion nhdt chiza p théa man tinh chdt: mdi

tgp con compact cza Q nam trong tat cd cAc mién trir ra mét sé hizu han cac mién

. Néu p khéng la diém trong cua ﬂQV thi nhan Caratheodory Q la {p}. Day {2}
v=1

diroc goi 1a héi tu dén nhan cua noé tai p néu moi day con cua day {2} déu c6 clng

nhan tai p.



II. NOI DUNG BCHT
2. MOT SO KET QUA NGHIEN CUU KINH PIEN

Pinh ly 2.1 (Wong-Rosay) Mién bat ky 2 < C" c6 bién tron I6p C2, gid 16i chdt va co

nhom fw dang cau khéng compact déu song chinh hinh véi hinh cau don vi trong Cn.




II. NOI DUNG BCHT
2. MOT SO KET QUA NGHIEN CUU KINH PIEN

Pinh Iy 2.2 (Bedford-Pinchuk) Gid siz 2 = C" 1a mét mién bi chan véi bién nhan, gid

16i va ¢0 kiéu hitu han. Gid sir rang hang ciia dang Levi it nhdt bang n — 2 tai méi diém

bién ciia mién Q. Khi dé, néu Aut(£2) 1a khdng compact thi £2song chink hinh véi mién:
E.={(z,...., z,) €C" |z4|? + |2,)* +|z5)? +.....+|z,|*? <1}

véGi s6 nguyén m >1 nao dé.




II. NOI DUNG BCHT
2. MOT SO KET QUA NGHIEN CUU KINH PIEN

Pinh Iy 2.3 (F. Berteloot) Gid si £21a mét mién trong C" va cho diém bién pw.ed.
Gid sir rang ton tai day {¢p} cAut(€2) va mér diém a e 2sao cho limgp(a) = p.. Néu
A0 nhan, gid 16i va c6 kiéu hizu han trong 1&n cdn ndo dé ciia diém p. thi €2 song
chinh hinh véi mién

D={(w,z) eC>Rew+ H(z,7) <0},

trong dé H la mot da thirc thuan nhat da diéu hoa duwdi trén C véi bac 2m (7( AR, p)
= 2m).




II. NOI DUNG BCHT
2. MOT SO KET QUA NGHIEN CUU KINH PIEN

Pinh ly 2.4 [33] Gid swr £21a mét mien trong C" va p. € A la mér diém bién. Gig s
rang

(a) Ala nhan, gid léi trong mét lan cdn nao dé cia diém p.. €A va co kiéu 2m
tal pe,

(b) Hang cua dang Levi it nhat bang n — 2 tai pe,

(c) Ton tai day {on} thugc Aut(<€2) sao cho limgp(a) = pwo VSi diém nao dé a €2,

Khi dé, €2song chinh hinh véi mién c6 dang sau

M, ={(w,,....,w_ )eC":Rew, +H(w,W,)+|w, |* +.+|w,_,|°<0}

trong dé H la mot da thurc thuan nhdt diéu hoa dwdi trén C.




CHT
QUA NGHIEN CUU KINH PIEN
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Pinh Iy 2.5 (H. Gaussier) Gid si £ 1a mgt mién trong C" va p. €42 1a mér diém
bién. Gid Si rang p. la diém tu quy dao cua mién Q. Khi dé, néu bién AQ 1a nhan,
l6i trong mét 1an cdn cia p. va cd kiéu 2m tai p. thi £2song chinh hinh véi mién sau
day

D={(z,,2)C":Rez,+ P(z") < 0}

Trong dé P la mét da thirc 16i khdng suy bién véi bac <2m.




II. NOI DUNG BCHT
2. MOT SO KET QUA NGHIEN CUU KINH PIEN

Pinh Iy 2.6 [35] Gid si £ 1a mgt mién trong C" va p..eA2 1a mér diém bién tu quy
dao cua Q Khi dé, néu AQnhan, 16i tuyén tinh dia phuong trong mot lan cdn cua po

va c0 kiéu hiru han 2m tai diém p. thi £2song chinh hinh véi mién sau
={zeC":Rez,+P(z") <0}

Trong do P la mot da thurc Khong suy bién da diéu hoa dwdi bdc nhé hon hodc bang

2m.
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