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6 PHUONG TRINH HAM

Bai 6.1 (DH Dépg Théap). M6t tén ltta dudce ban ra ti mot b¢ phéng tén lta
dat tai vi tri A dén vi tri B. Thong qua ra- -da, nguoi ta thay sau khi ra khoi bé
phéng duge 10 glay, 20 giay, 30 glay, quéang duong di dudc cla tén lda lan
luot 13 41m; 84m va 129m. Biét ring quang duong di clia tén ltta dugc biéu
dién dudi dar}g mot da thite c6 bic nhd nhét thod mén cac diéu kién trén va
khi tén lta dén vi tri B thi quang duong di cta tén lra la 144km.

1. Tim thoi diém tén ltta dén vi tri B.

2. Tim vin tég: trung binh clia tén 1ta va thoi di€m ma tén lita dat vén toe

bang van toc trung binh.

Bai 6.2 (DH Giao thong Van Tai, N.T. Huyén). Tim ham f : R — R théa man
f@+y) > f(x)f(y) > 2021"", ¥z, y € R.

Bai 6.3 (PH Hung Vuong - Phti Tho, TA. Tuin). Tim tit cd cac ham sb
f:R — R thoa man diéu kién

f(f(@)+y)=fle+y) +ofly) —2y —x+1,Va,y € R

ai 6.4 (DH M4 - bia chét, H. N. Hun)/ Hiy tim tit cd cicham f: R — R
lién tuc théa man phuong trinh

f(z +2020y) = f(2* +y*) f(cosx - cosy)
véi gia tri bat ky =,y € R.
Bai 6.5 (DH M6 - Dia chit, H. N. Huén). Hay tim tAt ca cac ham f:R—R
bi chiin, thudc 16p C* va thda man phuong trinh f'(z) = f(x — 1) v6i moi z.

Bai 6.6 (PH Tra Vinh, C.H. Hoa ). Tim tat ca cdc ham sb f(x) thda diéu kién
sau:

r—1

1 3
f(x+ ) —9f(2) + ——, Ve £ 1.
r—1
Bai 6.7 (DH Tra Vinh, PM. Trién). Xac dinh ham sb f(z) kha vi lién tuc trén
1

doan [0;1] ma f(1) = ef(0) vé/ (%)20&: <1
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Tt (1) thay y béi f(y) ta dudc:

fUf@)+fy) = fla+ f@) +2f(fy) —=f(y) —z+LVe,yeR. (4
Thay (1), (2) vao (4) ta dudc:

fUf(@)+ fy) =flz+y) +yflz) —ry —y+1
+a[f(y) +yf(0) —y+1] —af(y) — o+ 1.
=f(z+y) +yf(z) +2yf(0) — 22y —y + 2.

Vay

f(f@)+ f() = flz+y) +yf(z) +2yf(0) — 22y —y +2,Va,y e R (5)
Trong (5) hoan vi z va y ta dudc:

f(f@)+ fy) = fl@+y)+af(y) + 2y f(0) — 22y — 2 +2,Va,y €R. (6)
Tit (5) va (6) suy ra:

yf(z) —zf(y) —y+2=0Vz,yeR. (7)
Trong (7) 14y (2;y) = (0;1) ta duge: f(0) —1 =0« f(0) = 1.
Tit (3) suy ra f(f(0)) = 2. Tt (7) thay y = f(0) va st dung f(0) = 1; f(f(0)) =
2 ta dudc:
flz)—2x—14+2=0,VzeR= f(z) =2+ 1,VreR.

Thtt lai thdy thod man bai toan. Ay f(z) = z + 1,Vz € R.

Bai 6.4 (DH MO - Dia chét, H. N. Hudn)_Vé phai dbi xing véi z va y. T dé
suy ra ve trai cing doi xtng véi x va y ha

f(x +2020y) = f(y+ 2020z).

Pt y = —2020z, ta ¢ f(0) = f((1 — 2020%)z) v6i moi z. Diéu dé c6 nghia
13 f(z) = C' = const. Thé vao phuong trinh dau, ta thu dude C = C?. Titc 1a
C'=0hoacC =1.

bap an f(z) =0 hay f(z) = 1.

Bai 6.5 (DH M6 - Dia chit, H. N. Hu4n). RG rang f f 13 ham kha vi lién tuc
cap 2 vi tt phuong trinh suy ra f’ 1a ham kha vi lién tuc. Gia s M = sup |f].
R

Ta sé chiing minh 1a M = 0 bang phan chitng. Gia st M > 0. Xét gia tri =
thdoa méan |f(z)| > 3M /4.
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